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EFFECTS OF SEVERAL GEOMETRIC VARIABLES ON INTERNAIL. PERFCRMANCE
OF SHORT CONVERGENT-DIVERGENT EXHAUST NOZZLES

By Fred W. Steffen, H. George Krull, and Ralph F. Schmiedlin

SUMMARY

An investigation was conducted to determine the effects on internsal
performance of several geometric variables that were intended to produce
a short, high-performance convergent~divergent nozzle. Variations in
the throat-contour radius, combinations of the shape of the convergent
section and the throat-contour radius, divergence angle, and shape of
the divergent section were investigated. It was found that shortening
the convergent section by either chenging its shape or decreasing the
throat-contour radius had no effect on thrust coefficient. It wes also
found that a nozzle with a short conical divergent section had a higher
thrust coefficlent than a nozzle with either a stepped or contoured
divergent section of spproximately equal length.

For & nozzle of a glven short length, it is also shown that slight
improvemente in performence can be cobtained by decressing the divergence
angle and operating with the nozzle underexpended. This same design pro-
cedure also enablegs the designer to choose an exit ares which would mini-
mize airplene drag with only a small amount of internal thrust variastion.

INTRODUCTION

Short Jet-engine exhaust nozzles have many advantages, such as low
welight, low cooling-surface area, and possibly an lincreased availsble
length for other engine components. Because net thrust is very sensitive
to losses 1n nozzle efficiency, only very small losses in efficiency may
be tolerated to achleve ghort length without negating the instellation
advantages.

One of the ways in which a short nozzle of the desired expansion
ratio can be designed 1s by using a large divergence angle. Although
length was not included as & variasble, reference 1 has shown that Jet-
thrust losses increase as the divergence angle is increased.
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The purpose of this report is to show the effects on nozzle per-
formance of several geometrlc variables, including divergence angle,
that were intended to produce a high-performance nozzle of short length.

The length of the convergent section was decreased by decreasing
the throat-contour radius upstream of the throat and contouring the con-
vergent section. The length of the dlvergent section was decreased by
decreasing the throat-contour radius downstream of the throat and in-
creaging the dlvergence asngle. Two attempts were mede to improve the
performance of a short conical divergent section; namely, insertion of
a step at the nozzle thrcat, and substitution of arbiltrarily contoured
divergent sections for the conical divergent section. A method is pre-
gented for selecting the divergence angle which will provide optimum
performance for a nozzle of glven length operating at a glven pressure
ratio.

Nozzle performance is presented 1n terms of nozzle thrust coef-
ficlents and flow parameters.

APPARATUS AND INSTRUMENTATION
Nozzles

Three nozzles were used to investigate the effects of decreasing
the lengths of the convergent and divergent sections. The first of
these (fig. 1(a)) had a 50° conical convergent section joined to a 30°
conical divergent section by a throat that had contour radius ratios
of 0.98 and 0.34 upstream and downstream of the throat, respectively.
Throat~contour radius retio is defined as the ratlo of the throat-
contour radius to the diameter of the nozzle throat rc/Dt' This

nozzle had a convergent-section length ratio of 0.58 and a divergent-
gsection length ratio of 0.67. Length ratio is defined as the ratio
of the length of a nozzle section (either convergent or divergent) to
the dismeter of the nozzle throat.

The second of these nozzles is shown in figure 1(b). Downstream of
the throat this nozzle is similar to that shown in figure 1l(a). The
throat-contour radlus ratio upstream of the throat was decreased to 0.34,
and a contoured convergent section was substltuted for the conieal con-
vergent sgection, thus decreasing the convergent-section length ratio from
0.58 to 0.48.

The third nozzle, shown in figure 1(c), is similar to the nozzle
shown in figure 1(a) except that the throat-contour radius ratio was
increased from 0.34 to 0.98 downstream of the throat, thus increasing
the divergent-section length ratioc fxrom 0.67 to 0.77.
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The nozzles that were used to demonstrate the effects of lnserting
e step in the divergent section are shown in figures 1(d) to 1(g). The
step nozzles had divergent-wall cone angles of 6°, 12°, 180, and 24°.
Each had a 50° conical convergent section, a dlvergent-section length
ratio of 0.448, and an expansion ratio of 1.55.

The nozzles that were used to demonstrate the effects of using con-
cave, ogee, and convex contours in the divergent section are shown in
figures 1(h) to 1(j). The contours were chosen arbitrarily. Each had a
50° conical convergent section, a throat-contour radius ratio of 0.98
upstream of the throat, & divergent-section length ratio of O. 448, and
an expansion ratio of 1.55.

The conical nozzle, which is used for comparison with the step and
contoured divergent-section nozzles in the section RESULTS AND DISCUSSION,
is shown in figure 1(k). The important features of this nozzle are that
it has a throat-contour radius retio of 0.34 downstream of the throat
(as opposed to 0.98 for the nozzles of ref. 1), a divergent-section length
ratio of 0.50, an expansion ratio of 1.55, and a divergence angle of 30°.

Installation

The test rig is shown in figure 2. The nozzles were fagtened to a
mounting pipe that was in turn attached to a bedplate freely suspended
from four flexure rods. The entire assembly was installed within a
plenum chamber connected on one end to the laboratory high-pressure air
supply and on the other end to the laboratory altitude exhsust system.
Pressure difference across the nozzle and mounting plpe was maintained
by labyrinth seals around the mounting pipe. A vent line between the
two labyrinth seals end the plenum chamber decreased the pressure 4if-
ferentlal across the second lebyrinth seal and prevented dynamic pres-
sures from acting on the outside of the diffuser section. Forces act-
ing on the nozzle and mounting pipe, both external and internal, were
transmitted from the bedplate through a flexure-plate supported bell
crank and linkage to a balanced air-pressure dlaphragm force-measuring
cell.

Instrumentation

Pregsures and temperatures were measured at various stations as
ghown in figure 2. Pressures obtained from total-pressure rakes and
wall static taps at statlions 1 and 2 were used in the computation of
inlet momentum and air flow, respectively. Total-pressure and total=-
temperature rakes were lnstalled at station n to determine nozzle-
inlet conditions. Plenum~chamber sgtatlc pressure and the ststic pres-
sure acting on the outside of the bellmouth inlet were obtained from
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taps located along the outer surfaces of the nozzle and the nozzle mount-

ing pipe. Inside wall static taps from nozzle throat to nozzle exit were -
used to measure pressure distributions in the divergent sections of the -
nozzles.

PRCCEDURE

Performance data for all nozzles were cbtained over a range of —
pressure ratlos from well below design to sbout design or greater. . ﬁ
Pregsure-ratio variation was obtained by varying the exhaust pressure A
while the inlet pressure and weight flow were held approximstely constent.
Inlet pressures were about 25 pounds per square inch sbsolute. Unheated _ -
dry air at a temperature of gbout 80° F, shown in reference 1 to be suf- =
ficiently high to eliminate condensation shock, was used for the entire
investigation. Symbols and methods of calculation are given in appen- L
dixes A and B, respectively. '

RESULTS AND DISCUSSION

Effect of Decreasing Convergent-Section Length

Wo~/6
Thrust coefficlent Cp and weight-flow parameter —%:é: are shown
' t

in figure 3 plotted against nozzle pressure ratio for two convergent- oo
divergent nozzles. The second of the two nozzles was shoriened by de~

creasing the throat-contour radius upstream of the throat and by con- -
touring the convergent gection. These geometric modifications decreassed

the convergent-sectlon length ratio from 0.58 to 0.48 and had no signif- -z
icant effect on thrust coefficlent and only a slight effect on the flow

parameter.

Effects of Two Methods of Decreasing Divergent-Section Length . R

Increasing divergence angle. - Shortening the divergent section of
a nozzle by increasing the divergence angle results in increased thrust
losges. The thrust variation incurred when a conical nozzle is shortened
in this menner is shown in figure 4. The data were interpolated from ref- o
erence 1 for a nozzle having an expansion ratio Ac/At of 1.55 and a
throat-contour radius ratio of 0.98 downstream of the throat. For this
expansion ratio, the thrust coefficient decreases from 0.973 at a divergent-
section length ratio of 1.97 to 0.953 at a divergent-section length ratio _
of 0.5486. J
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Decreasing throat-contour radius downstream of throast. - The thrust
coefficients and weight-flow parameters for two nozzles having different
throat-contour radii downstream of the throet are shown in figure 5.
Decreasing the throat-contour redius ratio downstreem of the throat from
0.98 to 0.34 and thus decreasing the dlvergent-section length ratio from
0.77 to 0.67 had no significant effect on thrust coefflecient at pressure
ratios at and above design and only e slight effect at pressure ratios
below design. Flow parameter was unaffected.

The effect on divergent-section length of the nozzle previously
shown in figure 4 (Ag/Ay = 1.55, r. /Dy = 0.98) resulting from decreasing

the throat-contour radius retio from 0.98 to 0.34 is shown in figure 6.
With the small throat-contour radius, a thrust coefficient of at least
0.953 can be maintained down to a divergent-sectlon length ratio of
0.435.

Performaence of Two Short Divergent-Section Designs of Fixed Length

Two attempts were made to design & nozzle which would £it within an
envelope governed by an expansion ratlo of 1.55 and a divergent-section
length ratio of 0.448 but give a thrust coefficient greater than that
given by & nozzle having a conical divergent section. The first attempt
consisted of inserting verilous size steps at the throat of the nozzle to
effect a change in flow area without any change in axiel length. The
performance of four step nozzles, each having a divergent-section length
ratio of 0.448 and an expansion ratio of 1.55 but different size steps
(and thus cone angles), is presented in figure 7. The performance of the
30° conicel nozzle illustrated in Pigure 1(k) is also presented. The
thrust coefficient of all four step nozzles at design pressure ratio was
only 0.930 and was essentially unaffected by cone angle. The flow par-
ameters of the step nozzles are ghout 4 percentage points less than that
of the conical nozzle. The difference in flow parameter is caused by
both the absence of a throat-contour radius upstream of the throaet and
by the presence of the step.

Figure 8 shows generalized pressure distribution plotted against
area ratio in the divergent sections of the step nozzles as well as in
the 30° conical nozzle illustrated in figure 1(k). The lower thrust of
the step nozzles ass compared with that of the 30° conical nozzle is
caused by the lower average level of pressure in the divergent section
of the step nozzles. The lower average level of pressure is caused by
rapid three-dimensional expansions immedistely downstream of the nozzle
throat and insufficient increases in pressure towards the exit of the
nozzle. The pressure rilise along the divergent section results from an
oblique-shock system as the flow is turned parallel to the wall. The
magnitude of the pressure rise is determined by the Mach number and the
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angle at which the flow epproaches the wall. Furthermore, the magnitude
of the pressure rise probebly influences the minimum pressure level on
the divergent wall. Although no pressure taps were located on the ver-
tical surface of the step, the pressure, according to the theory of ref-
erence 2, may be asgsumed to be equal to the minimum pressure on the 4i-
vergent wall.

The second attempt to improve the performance of nvbzzles having a
divergent-section length ratio of 0.448 consisted of arbitrerily con-
touring the divergent-section walls. The performance of three arbitrarily
contoured nozzles is shown in figure 9. The performence of the 30° con-
ical nozzle illustrated in figure 1(k) 1s also included in figure 9. The
thrust coefficients of 8ll the contoured divergent-section nozzles are
less than that of the conical divergent-section nozzle. The concave

design offered the best thrust performence of the three contoured designs,

but the meximum thrust coefficlent was still only 0.950. Flow parameters
for the contoured divergent-séction nozzles and the conical nozzle were
about equal.

Figure 10 shows generalized presgure distributions plotted against
srea ratio in the divergent sectlons of the contoured divergent-section
nozzles as well as in the 30° conical nozzle shown in figure 1(k).
Agein, the thrust loss of the contoured designe as compared with that
of the conlcal design is caused by the lower average level of pressure
in the divergent section. The low average level of pressure is caused
by three-dimensional expanslons eilther at the throat, as in the case of
the concave and ogee designs, or throughout the divergent section as in
the case of the convex design.

Improvement of Short Conlcal Convergent-Divergent Nozzle Performance
by Use of an Underexpanded Conical Nozzle _

It has thus been shown that, for nozzles that must have short dl-
vergent sections, a conical divergent section gives the highest thrust
coefficlent. Smsll improvements in performance mey be further obtained
by decreasing +the divergence angle while the divergent-section length
1s held constant and the nozzle is operated underexpanded. Perform-
ence will continue to be improved untlil some optimum angle is reached.
Beyond thls optimum angle, underexpension losses will outweigh the galns
obtained from decreasing the divergence angle.

Some results of this method as applied to nozzles having divergent-
sectlon length ratios from 0.344 to 0.693 and operating at nozzle pres-
sure ratios of 6.7 and 9.9 are shown in figures 11(a)} ard (b). From
figure 11(a), for instance, it can be seen that the thrust coefficient
of a nozzle that has a divergent-section length ratio of 0.344 and

| . 3552
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requires a divergence angle of 50° for complete expansion can be improved
by decreasing the divergence angle to about 20° and operating under-
expanded. Figure ll(a) also shows that, 1f a thrust coefficient of 0.97,
for example, is required at a pressure ratio of 6.7, & nozzle that has a
divergent-section length ratio of at least 0.639 is required.

Some of the thrust coefficient curves in figure 11 are very flat;
this fact suggests that, even though performance gains obtained by this
method may be small, a large range of nozzle-exit area can be used with-
out serious internal performence losses. The megnitude of the availlable
range in exit area can be seen from the curves of the ratioc of exit area
to the exit area required for complete expansion, which are also included
in figure 11. A nozzle having a divergent-section length ratio of 0.508
and operating at & nozzle pressure ratio of 6.7, for example, has equal
thrust coefflcients at a divergence angle of either 9° or 30°. At a
divergence angle of 99, however, the nozzle-exit arees is 26 percent less
than that required for complete expansion. This wide range in exit area
enables the designer to select an exit area that may decrease the air-
plane drag if the nozzle-exit area or the equipment located around the
outer surface of the nozzle exit controls the nacelle or fuselage frontal
area. If the exit area is not the controlling area, decreasing the exit
area may, of course, result in increases In boattail or base drag and
nullify any internal performance gains.

SUMMARY OF RESULTS

From an investigation to determine the effects on nozzle performance
of geveral geometric design veriables, the following results were
determined:

Decreasing the length of the convergent section by decreasing the
throat-contour radius and by contouring had no effect on thrust coef-
ficient and only a slight effect on flow perameter. Decreasing the
length of the divergent section by decreasing the throat-contour radius
had no effect on thrust coefficient at pressure ratios at and sbove
design and only a slight effect at pressure retios below design; flow
parameter was not affected. Decreasing the length of the divergent sec-
tion by increasing the divergence angle, however, resulted in increased
thrust losses. All the divergent-sectlon geometries substituted for a
short conical divergent-gection geometry had detrimental effects on

thrust performance.

Slight improvements in thrust performance can be cbtalned from a
conical convergent-divergent nozzle that hes a short divergent section
by decreasing the divergence sngle and operating with the nozzle under-
expaended. Similarly, a large range of exit area with little change in

ey
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thrust coefficient may be selected by the designer, thus meking it
possible to choose an exlt area that would alsc minimize airplane drag. -

Lewis Flight Propulsion Laboratory :
National Advisory Committee for Aeronautics ’
Cleveland, Chlo, December 16, 1954
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SYMBOLS

The following -symbols are used in this report:

area, sq Tt

nozzle-exit area required for complete expansion, sq £t
effective pipe area under labyrinth seals, sq ft
nozzle-throat area, sq in.

thrust coefficient

nozzle-throat diameter, in.

thrust, 1b

resultant force on thrust cell (balanced eir-pressure disphragm
force) 1b

acceleration due to gravity, 32.174 ft/sec2
length of nozzle convergent section, in.
length of nozzle dlvergent section, in.
total pressure, Ib/sq ft abs

statlic pressure, lb/sq ft abs

gas constant, 53.3 £t-1b/(1b}(°R)
throat-contour radius, in.

total temperature, °R

velocity, ft /sec

meagured air flow, Ib/sec

divergence angle, deg

divergence éngle required for complete expansion, deg
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T ratlo of specific heats, 1.4

& ratio of total pressure at nozzle inlet to ebsolute pressure at
NACA standard sea-level conditions

) ratlo of total temperature at nozzle Inlet to absolute tempera-
ture at NACA standard sea-level condlitions

Subscripts:

bm outside of bellmouth inlet

e nozzle exit : o —

i ideal -

J Jet

n nozzle inlet

w wall

0 exhaust or ambient

1 mounting-pipe inlet station

2 air-flow measuring station e -

3552
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APPENDIX B

METHODS OF CAL.CULATION

Air flow. - The nozzle alr flow was calculated as

r-1 r-1
E PE,W _—)T-l(-f2—>T AL,
T B 1 2,w P2 w

where Py 1is the totel pressure over the incremental area AAs and 7t

is assumed to be l.4.

Thrugst. - Thé jet thrust was defined ss

WoV,
F

'j = + Ae(Pe"Po)

and was calculated by the equation

WaV1
Fy=Droyhy + L Pomfy + Ai(Pb - PO) - Fy

where Fy was obtained from balanced alr-pressure diaphragm measure~
ments. The ideally available jet thrust, which was based on measured
flow, was calculated as

-1

F, =W 2R v g |1 . (20}
e[ T ¥I @ i

where Pn is an area-weighted average total pressure at station n.

Thrust coefficient. - The thrust coefficient is defined as the
ratio of the actual to the ideal jet thrust
Cp = Fy/Fy
REFERENCES

1. Steffen, Fred W., Krull, H. George, and Schmiedlin, Ralph F.: Effect
of Divergence Angle on the Internal Performance Characteristics of
Several Conical Convergent-Divergent Nozzles. NACA RM E54H25, 1954.

2. Kochendorfer, Fred D., and Rousso, Morris D.: Performence Character-
igtice of Aircraft Cooling Ejectors Having Short Cylindrical Shrouds.
NACA RM ES1IEQ), 1951.
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8.9 8.2
Yo = T
T, = 2.4 == To = 2.4
1.5
5 T.15
50 - - ° Flow — e - z0°
9.6 9.6 —_—> 7.15 9.6
- 4.1 4.8 o3 o > tt———d , §——]
(a} Throat-contour radins ratlo, 0.98 upstream (®) Thz.‘oe.t-contour redius ratlo throughout throat,
of throat and 0.34 downstream of &I %, 0.34; contoured convergent section.
9.6
9.6
fo—3 . 2=
To = T
o 50°
7.15 8.5 &°
. PL
9.8 ow 13.0 7.15 8.9
fe—-d. ) 5.5
o
(¢) Throat-contour radius ratio throughout throat, (a) &7-Step nozzle.
0.98. -
8.6 . 9.6 o
[—3.2— 5.2
5°
8.8 8.9 o
7,15 12° .15 18
= Flow = - .
2 .
8 — - 13.0 7.9
1 L —
(e) 12°-8tep nozzle. () 18°-8tep nozzle.

Figure 1. - Nozzles. (A1) dimensions in inches.)
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6.8
7 3.2 e = T:
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o 11,2
7.15 2 500
- ; FL - I X!
7.5 j o 9.8 715
—
(&) 24%-Step nozzle. (h) Concave-contoured divergence nozzle.
6.8
6.8 —_—
r, = 1052
r -4{.0 — 3.2 — 5.6
c
9.0
G Flow °
507 a6 8.9 s o 50
7.15 9,6 T.15
(1) Ogee-contoured divergence mozzle. (J) Convex-contoured divergence nozzle.
T = 0.34Dy
Dg = 5 °
Flow Iy J1.55Dt
L
— |15 = 0.50Dg jo—

(x) 300 Conical convergent-divergent nozzle; throat-
contour radius ratio downstream of throat, 0.34.

Figure 1. - Concluded. Nozzles. (All dimensions in inches.)
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T in.
c;-4 Convergent-section Throat-contour radius
7 length ratio, ratio upstream of throat,
1c/b'b rc/Dt
a 0.58 0.98
Ty in.
L2t
A .48 .34
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e 1. Design pressure ratio
O
g QT ar—4 L_m_
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ﬁ n
- ‘]
9
o
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L
é
3G
LI 5
Qo | 0 r
g'g u‘j_,ﬁg' = e ===
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= @ 32
o] 4 8 12 1s 20 24

Nozzle pressure ratio, Pn/PO

Figure 3. - Thrust coefficients and weight-flow parameters..of two convergent-
divergent nozzles having different confergent=-s8éctionnuiengths. Expan-
sion ratio, 1.8.
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Flgure §. - Thrust coefficlents and weight-flow parameters of two convergent-divergent nozzles
baving different thromt~contour radii downstream of throat. Expanasion ratio, 1.8.
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lepgth for two nozzles having different throat-contour redius ratics downstresm of throat. Expan-
sion ratlo, 1.55; design nozzle pressure ratio, 6.70.
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Figure 9. - Thrust coeffieclents and welght-flow parameters of convergent-dlivergent nozzles having
contoured divergent sectlons. Expansion ratio, 1.55; divergent-section length ratlo, 0.448.
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